Some quadratic reverses of the continuous triangle inequality for the Bochner integral of vector-valued functions in Hilbert spaces are given. Applications for complexvalued functions are provided as well.
INTRODUCTION
Let / : [a, b] -> K, K = C or R be a Lebesgue integrable function. The following inequality is the continuous version of the triangle inequality (1.1) |jT f(x)dx and plays a fundamental role in Mathematical Analysis and its applications. It seems, see [6, p. 492] , that the first reverse inequality for (1. This integral inequality is the continuous version of a reverse inequality for the generalised triangle inequality 
The case of equality holds in (1.5) if and only if (1.6)
As particular cases of interest that may be applied in practice, we note the following corollaries established in [2] .
COROLLARY 1 . Let e be a unit vector in the Hilbert space (H;
Then we have the inequality 
M + m f(t)dt
The equality holds in (1.12) for in the second part of (1.
13)^ if and only if
The case of additive reverse inequalities for the continuous triangle inequality has been considered in [3] .
We recall here the following general result. 
The equality holds in ( S.S. Dragomir [4] This general result has some particular cases of interest that may be easily applied [3] . 
COROLLARY 4 . If f e L([a, b];H) is such that there exists a vector e £ H, \\e\\ -1 and M
or, equivalently,
The main aim of this paper is to point out some quadratic reverses for the continuous triangle inequality, namely, upper bounds for the nonnegative difference available at https://www.cambridge.org/core/terms. https://doi.org/10.1017/S0004972700034699 [5] Quadratic Reverses of the Triangle Inequality 455
Q U A D R A T I C R E V E R S E S O F T H E T R I A N G L E INEQUALITY
The following lemma holds. The following result holds.
THEOREM 3 . Let f € L([a, b]\ H) be such that there exists M ^ 1 ^ m ^ 0 such that either (2.7) Re (Mf{s) -f(t), f(t) -mf(s)) ^ 0 for almost every (t, s) e A, or, equivalently, (2-8) \\f(t) -^±Hlf{s)\ ^ \{M -m)\\f(s)\\ for almost every (t, s) e A.
Then we have the inequality: 
\\f(t)\\\\f(s)\\-Re(f(t),f(s))s

Applying Lemma 1 for k(t,s) := (\/M -^/m) jy/MmRe (f(t), f(s)), we deduce
Re(f(t),f(s)).
On the other hand, since
Re (/(<), /(*)) = Re </(s) 
hence a sufficient condition for the inequality in (4.1) to hold is 
